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Figure: In [1] we characterise, in terms of transition probabilities of X, when t — C; is smooth and
prove that t — C; is Lipschitz if and only if X is of finite variation.



Path of a Lévy process X and its convex minorant C

(0,0) £t X, (T, X7)

t— G

Figure: In [1] we characterise, in terms of transition probabilities of X, when t — C; is smooth and
prove that t — C; is Lipschitz if and only if X is of finite variation.

Main question. Is C : [0, T] — R r-Hélder continuous a.s. for some r € (0,1)?



Path of a Lévy process X and its convex minorant C

Figure: In [1] we characterise, in terms of transition probabilities of X, when t — C; is smooth and
prove that t — C; is Lipschitz if and only if X is of finite variation.

Main question. Is C : [0, T] — R r-Hélder continuous a.s. for some r € (0,1)?

Put differently, is the Hélder constant supg<, ;<7 |Cr — Cyul/(t — u)" finite a.s.?
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Controlling the Hoélder constant

* The convex minorant C is piecewise linear with countably many maximal intervals of
linearity with horizontal lengths (£,)qen and vertical heights (£,)nen, see e.g. [3].

* For r € (0,1), define the set of r-slopes of the convex minorant C:
Sy ={&n/¢, : ne N}

* Key inequalities for the Holder constant:

C —r
kr:=sup [s| < sup 1€ = (Z s/ r)) =K. as.

SES, 0<u<t<T ( - sES,

* QOur main results show that, for most Lévy processes, k, and K, are simultaneously finite
or infinite, i.e., P({K, = 0o} N {k, < o0}) =0, yielding Table 1.
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In the critical case, we show that f

(tY/7)dt = 00 = ki3 =00 a.s. and
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K1/-1/8) _ Proposition 1

1
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